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An (updated) Architecture of Mathematics

O”nffl M`a˚t‚h`e›m`a˚tˇi`cṡ `a¯s `a‹nffl `e¨l´a˜bˆo˘r`a˚t´e ˚tˇi`g‚h˚t¨l›y `c´o“n‹n`e´cˇt´e´dffl ”n`eˇt›wˆo˘r˛kffl `o˝f ˜f´o˘r‹m`a˜l
¯sfi‹yṡfi˚t´e›m¯s, `a‹xˇi`o“mffl ¯sfi‹yṡfi˚t´e›m¯s, ˚r˚u˜l´eṡ, `a‹n`dffl `c´o“n‹n`e´cˇtˇi`o“n¯s: [MacLane, 1986]



An (updated) Architecture of Mathematics

The great types of mathematical structures [Bourbaki, 1950]

mother-structures
▶ algebras
▶ orderings
▶ topologies
▶ · · ·

multiple structures
▶ topological algebra?
▶ algebraic topology?
▶ · · ·
▶ logic!
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Such stuff as logics are made on
formulas
inferences
(arguments?)
proofs
models
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The role of syntax
Capturing purely structural features of:

sentences
consecutions
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What are logical consecutions about?
expressing ‘sequents’
making ‘judgments’
(recall Frege’s Inhaltsstrich & Urteilsstrich)
rules for type formation, term introduction / elimination, computation
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A matter of attitude?

What are logical consecutions about?
expressing ‘sequents’
making ‘judgments’
(recall Frege’s Inhaltsstrich & Urteilsstrich)
rules for type formation, term introduction / elimination, computation

TO DISCUSS: What shape should a consecution take?

What does one use consecutions for?
identifying logical principles / laws
expressing ‘valid’ patterns of reasoning
providing meaning to the logical constants
· · ·


